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β, β
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luvko
D(m(I), |I|2 )
¶@Z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(0, 1)
!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√
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2 |I | ¶TZ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mo[]_7¬¹rtsvsvr;­u¥]`zo_Gkpx]s¥mG¶
 LÌ
 D  _
 
f
ﬁH {αI , βI} ∩ {αI′ , βI′} 6= ∅ r HqGE I ∩ I ′ 6= ∅ s
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αI , βI ∈ I ¶
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u¦mo[]rtxlm>s¥rdkpkr|¬Tt_G]_5z)|svu¦mni§l­ﬂ_"5|kpkpx]^`_
uv©mo[]_B]zorjr|¬mo[;m
I 6= I ′ § |I ′| ≤ |I | §|©mo[;m I ≤ I ′ ¶
£
_"kpx]]+rkp_mp[;m
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I ′ = [1 + u, 2 + u]
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√
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√
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√
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I ′′ À|zo_>]uvkÁ{nrtuvdmG¶@Z[jxkG§lqdiZ[¾¶VQ/¿¹_5¨])[|]u¥bmo[]_Bzprs¥_>r|¬ αI | βI u¦¬]_G5_Gkokptzpi]À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I∈J
|αI − βI | ≥ M(f)−d+1d− d2−|J |
√
3
|J |
,
¿YÀ
¬¹rtz J = I ′ rz J = I ′′ ¶@Z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N
r|¬~kpx]qWluvdu=kpu¥rk_Pwx|s=kmo[]_ºjx]^"q_Gz"rt¬u¥dmp_Gzp|sLrj]_Gk"u¥Dmp[]_kŁx]qWluvjuvkpu¥r
mpzo_5_¶T·³muvksv_Gkok&mp[|mp[]_kpx]^ rt¬0mo[]_l_Glmp[r|¬
I
§]¬¹rtz
I ∈ I !
N ≤ ∑I∈I lg |b−a||I|
≤ |I| lg |b− a| −∑I∈I lg |I |
≤ |I| lg |b− a|+ |I| −∑I∈I lg |αI − βI | Prop. QÖ
´&i ¿FtÀ>­&_/[Öt_§ −∑I∈I′ lg |αI − βI | ≤ (d − 1) lg(M(f)) + ( d2 + |I ′|) lg d − |I ′| lg√3.  kŁuv^`u¥s=|z
q+rtx]t]]svu¥_Pk&¬¹rtz I ′′ ¶
Uk
a = −2τ , b = 2τ ¿Áqji<"&|x)[jiq+rtxÀ| lgM(f) ≤ τ + 12 lg (d + 1)
¿ !Lw+¶RQPÀ| |I ′|+ |I ′′| =
|I| ≤ d §lmo[]_Bjx]^bq+_5zrt¬8uvdmp_5zotsÉ]rll_Gk N u¥mo[]_kŁxq+luvjuvkpuvrtmpzo_5_7u=kqrx]l_P©qji
N < |I|+ |I| lg |b− a| − ∑I∈I lg |αI − βI |
≤ d + d(τ + 1) + (d− 1)(2τ + lg(d + 1)) + 2d lg d
= O (dτ + d lg d) .
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kowx|zo_±F¬¹zp_G_~r]zou¥^`_7rs¥ij]r^`uvtsvk
(g1, g2, . . . , gm)
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mp[_ªzo_Gts0zorjr|m~mp[|m>mo[]_ªu¥dmp_Gzp;ts5rtdmotu¥kUu=k
i
¶$!Lt)[
gi
G|µq+_`_5;|svx|mp_G«r;t_Gz~|uvkprts=;mou¥º+rtuvmBuv
O˜B(δ2i dτ)
§xkŁuv]`²rzp]_GzGÒ k&zpxs¥_¶
£
_B5t©_GÖts¥x;mp_>u¥mr;_5z|svsWmp[]_7u=kŁrsv|mpuv]b+rtuvdmokB¿¹mp[]_Gzp_B|zo_7;m^ªrdknm
d + 1
À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­[]u=)[5rj_¯'uv_5dmoktzp_7rt¬8kpu¥°G_>q+rtxl_Gqji O(d + τ) ¿Ákp_5_Bkp_G.mou¥rl¶ QGÀ.¶ﬂZ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